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Let (X,o) be the 9erm of an i r r educ ib le  curve s i n 9 u l a r i t y  in the 

comple× plane C = defined by the equation f=O, ÷ beln9 holomorphic 

in a neiDhbourhood of o. Let B~={(x,y)~ ;(x~y) l<d } be a small b a l l  

and Kd=~(X,y), | ( x , y ) l ( d , + ( x , y ) = O } .  For small d the homeomorphy 

class of (Bd,Kd) does not depend on d and is  ca l led  the topo loDi -  

col type of the s i nDu la r i t y .  Denote by T..~ the topoloDical  type 

of the s i nDu la r l t y  defined by f=x-+y=~ a and b r e l a t i v e l y  prime. 

The modull spmcs M..b Of a l l  9erms of plane curve s i n D u l a r l t i e s  

with the same topOloDical type T.,= is a d is jo ined union of analy- 

t i c  v a r i e t i e s  N . . = . ~ j  t - l , . . . , 9 .  The 9 e n e r t c  component  N ~ , = . e  o f  

M . . b  i s  an a l D s b r a i c  v a r i e t y ,  l o c a l l y  an open s u b s e t  i n  a w e i D h t e d  

p r o j e c t i v e  space  P . .  T h e r e  a r e  e x a m p l e s  t h a t  t h e  o t h e r  componen ts  

are not alDebraic v a r i e t i e s  ( c f . < l> ) .  H..b IS constructed In the 

f o l l o w l n  9 way: Consider the fami ly  p:X - ~ C" s X the subset 

o f  C~xC = de~Ined by the equation 

F = X~+yh+ ~ =  t ~ j x i y j  

B=~( i ,J )p ib+Ja>abpi (a- l ,J<b- l~ ,  p the p ro jec t ion .  

This ÷amily ham the f o l l ow in9  proper t ies :  If (Y,o) is  any 9erm of 

an i r r educ ib l e  plane curve s i n 9 u l a r i t y  wlth the topoloDical  type 

T . . ~  t h e n  t h e r e  i s  an t i n  C ~ such  t h a t  ( p - ~ ( t ) , o ) = ( Y ~ o ) .  Us tn  9 

the r e l a t i v e  Kodaira-Spencer map o~ t h i s  fami ly  one can compute 

the a n a l y t i c a l l y  t r i v i a l  sub÷amilles: The kernel K o~ the Kodalra- 

Spencer map is  a sub Lle-a lDebra of the de r i va t l on  of C ~. Alon9 

the InteDral  mani÷olds o~ K the fami ly  X ~ C ~ is  t r i v i a l .  I t  

turns out that  N..baC~IK and H..=.L-S~IK~ SL the set of a l l  po in ts  
t in C" such that  the InteDrsl  manifold throuDh t has dimension i~ 

,c+.<~>,.  Let {s , ) , . ,  ..... be . f ree base of C ~ t , ~ , y ) 1 ( ) ~ 1 ~ ,  ~ 1 ~ y )  

ss a c ~ t J - m o d . l ,  snd l e t  a . F  = ~ - - . h . . . . ~ - y .  sod , a F ~ , ~ , ~ y )  then  

~l  " ~ = h , . k ~ / ~ t k x ,  9 e n e r a t e  K as C ~ t ~ - m o d u l e .  M o r e o v e r  S,  i s  
d e t e r m i n e d  by  r a h k ( h ~ . k ~ ( t ) ) = i .  T h e r e  i s  an a l D o r i t h m  t o  compute  

senerator$ o~ Kp ( c ~ . < 2 > ) .  
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The 9eneric component M=.~.~ od  M = , ~  may have s i n g u l a r i t i e s ,  

accordin9 to s i n 9 u l a r i t i e s  of the correspondin9 weighted 

pro~ect ive space P~. The s ingu la r  po in ts  o~ N, ,~ .~  are of spec ia l  

i n t r e s t  because they correspond to s ingu la r  curves w i th  a non 

connected automorphism 9ruop 6~ the quo t ien t  o f  G by i t s  connected 

component turns out to  be the i so t ropy  9roup of the correspondin9 

po in t  in P,~(c~.<5>). These s i n g u l & r i t i e s  are chara te r i zed  by the 

weights and can be computed in a combina tor ia l  way. 

The wei9hts o÷ P, depend only on a and b and can also be computed 

in a combina tor ica l  way, (cf .{2>~<3>). N , .~ .g  is  def ined in P, by 

the non vanishin9 of one or two polynomials w i th  in teger  c o e f f i -  

c i en ts .  These polynomials are c e r t a i n  minors o~ the mat r i x  (h~.k~) 

and can a lso be described in a combina tor ia l  way in terms of a and 

b~ (c f .<2> , (3>) .  

The components o÷ the s ingu la r  locus of P~ are s u i t a b l e  i n t e r -  

sect ions of coord inate hyperplanes such tha t  the weights of the 

correspondin9 coord inates have a non t r i v i a l  common f a c t o r .  Now 

usin9 Buchbergers a l9or i thm (o f . (4>)  we 9at the s in9u la r  locus of 
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